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Author: ChatGPT (GPT-6 Astra Pro) September 7, 2026

Use two pairs of equilateral triangles, joined at one corner and adjusted so their far tips are
one unit apart.

Start with an equilateral triangle OAB of side 1. On the other side of AB, attach another equilateral
triangle ABC. This makes a diamond with OC =

√
3.

Make a second copy, ODE and DEF , sharing only O with the first copy. Rotate this copy about O until
CF = 1. The angle between OC and OF is 2 arcsin(1/(2

√
3)), approximately 33.5573◦.
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Every drawn edge has length 1. Crossings without a dot are not extra points.

Check any three chosen points. If O is not chosen, the three points are drawn from the two groups
{A, B, C} and {D, E, F}. At least two lie in the same group, and every pair in either group is one unit
apart.

If O is chosen, then choosing any of A, B, D, E already gives a unit-distance pair with O. The only remaining
triple is {O, C, F}, and C and F are one unit apart by construction.

So every triple works. This proves that the construction is a solution; it does not assert that all possible
solutions have been classified.

History and sources: companion history PDF.
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https://people.cs.umass.edu/~pthomas/history/7_Points_History.pdf

